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In this paper, the author proves a result analogous to Federer’s theorem on curvature measures.
Let A be a closed subset of Euclideann-spaceRn with nonempty boundary. The prenormals of
A are those subsetsL ⊂Rn for which there is a pointp ∈ boundaryA and a unit vectork ∈Rn

such thatL = {x ∈Rn r A: the projection ofx onA is {p} and(x− p) · (‖x− p‖)−1 = k}. Let
d+A = {(y, k) ∈Rn×Rn: y ∈ boundaryA, ‖k‖ = 1 and there is a prenormalL of A with L ⊃
y + (0, lengthL) · k}, and for(y, k) ∈ d+A let h(y, k) denote the length of the prenormal ofA
issuing fromy in the direction ofk. Main result: There exist a Borel measureµ overd+A andµ-
measurable functionsa0, · · · , an−1 such that for any Lebesgue integrable functionϕ:Rn r A→
Rn,

∫
Rn rAϕ d voln =

∫
d+A

∫ h(y,k)
0 ϕ(y + ρk)

∑n−1
j=0 aj(y, k)ρj dρdµ(y, k).
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