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If P has 0, it is directed, and |P | ≤ ℵ0, then ∃L such that

P ∼=Princ(L).



“Fence” (how do congruences spread):



Gadget:



If P is a modular lattice with length 2:



Before a 1-step horizontal extension:



After the 1-step horizontal extension:



A vertical extension:



An example (we pretend as if Q had no top):



First we go only up to c0 (but p ≮ q now):



So we need a horizontal 1-step to ensure p < q:



In a vertical step, we add a new top, c1, and every “new”

element below it :



A horizontal 1-step forces p < r, and we are ready:
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