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A classical Reinhardt domain is an open connected subsetD of Cn which is invariant under
the transformationsMλ1,...,λn

: (z1, . . . , zn) 7→ (λ1z1, . . . , λnzn) with |λ1| = 1, . . . , |λn| = 1. The
Reinhardt domainD is said to be complete ifMλ1,...,λn

D ⊂ D whenever|λ1| ≤ 1, . . . , |λn| ≤ 1.
Reinhardt domains with0 ∈ D were studied by T. Sunada [Proc. Japan Acad.50 (1974), 119–
123; MR0414915 (54 #3007)], who classified them from the point of view of biholomorphic
equivalence. He proved that holomorphically symmetric Reinhardt domains are (up to a linear
isomorphism) a direct product of Euclidean balls.

In the classical definition of a Reinhardt domain, then-tuples of complex numbers can be viewed
as functions from the discrete topological spaceΩ := {1, 2, . . . , n} to Cn, and a Reinhardt domain
D ⊂ C(Ω) is complete if

(f ∈D, g ∈ C(Ω), |g| ≤ |f |) =⇒ g ∈D.

This definition directly extends to the latticeC0(Ω) of all continuous complex valued functions
that vanish at infinity onΩ, giving rise to the notion of continuous Reinhardt domains. The authors
study bounded holomorphically symmetric continuous Reinhardt domains in the above sense.
They prove that every such domainD can be represented in the form

D = {f ∈ C0(Ω) : sup
j∈J

∑
ω∈Ωj

m(ω)|f(ω)|2 < 1},

where{Ωj: j ∈ J} is a partition of the spaceΩ such that the cardinalities of theΩj are finite and
bounded from above andm: Ω→ R+ is a function whose values are positive real numbers. In other
words,D is exactly the open unit ball of anl∞-direct sum of a family of finite-dimensional Hilbert
spacesHj whose dimensions are precisely the cardinalities ofΩj (j ∈ J), these dimensions being
bounded from above by a constantM which is a certain geometric characteristic ofD. This
result clearly extends those of Sunada as well as those of J.-P. Vigué [Ark. Mat. 36 (1998), no. 1,
177–190;MR1611169 (99b:58018)] relative to continuous products of discs of variable radius.

The arguments in the paper have a neat Jordan theoretical nature and the key point is a remarkable
extension of the classical Banach-Stone theorem on the isometries of the spaceC0(Ω). In fact this
theorem corresponds to the case in which the above partition consists of singletonsΩj = {ωj} and
the weight functionm is the constant1. According to the classical Banach-Stone theorem, the set
of extreme points of the unit ball of the dual space ofC0(Ω) is precisely the set

{λδω(·): ω ∈ Ω, |λ|= 1}
of unitary multiples of the one-point evaluation measures onΩ. In the case discussed by the
authors, the spaceC0(Ω) carries its norm as the JB∗-triple associated to the domainD, which is
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equivalent to the usual norm of the supremum overΩ, and each extreme point of the unit dual
ball of C0(Ω) is precisely the unit sphere of a finite-dimensional complex Hilbert spaceHj, the
dimension of which is the cardinality ofΩj.

Reviewed byJ. M. Isidro
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